If f(z) is an asymmetric entire function of exponential type t, ||/||= sup l/MI, -oo<Jt<oo then according to a well-known result of R. P. Boas,
Introduction and statement of results
An entire function is said to be of exponential type x if it is of order less than 1 or it is of order 1 and type less than or equal to t . We will denote this class of functions by ^ . For / e fT, define ||/|| = sup_00<x<00 \f(x)\. The indicator function hf(9) of / is defined by V(rJ) = limsuPl0g|/(rg'e)l. It is a simple consequence of the Phragmen-Lindelöf principle that (see Boas [ 1, Theorem 6.2.4, p. 82]) (1.2) \f(x + iy)\ < erM , -oo <x < oo, -oo < y < oo.
It was proved by Boas [2] that if A/( §) = 0 and f(x + iy) ¿ 0 for y > 0, then (1.1) can be replaced by (1.4) |/(* + i»|<--=--, -oo < x < oo, -oo <y < 0.
For / g 1%, we define with respect to a complex number £, the function
The above definition is due to Rahman and Schmeisser [5] .
Note that lim^«, ^p1 = -if'(z).
In this paper we generalize inequalities (1.3) and (1.4). In fact, as we will see, both these inequalities will turn out to be special cases of our theorem.
We prove
Theorem. Let f e %, A/(f) = 0, ||/|| = 1 and f(z) = f(x + iy) ¿ 0 for
for y = Im(z) < 0 and \Q > 1. This result is best possible and the inequality reduces to an equality for f(z) = ^^ when Ç is real and Ç > 1 .
For Ç = 1, the above theorem clearly reduces to the inequality (1.4) of Boas [2] .
If we divide both sides in the inequality (1.5) of our theorem by |£| and make |Ç| -> oc , we get Corollary 1. Let f £ fT, hf(\) = 0, ||/|| = 1 and f(z) ¿ 0 for Im(z) > 0. Then (1.6) \f'(x + iy)\<^exW, -oo<jc<oc,-oo<v<0.
This result is best possible as is shown by the example given in the theorem.
Taking y = 0 in our theorem, gives P>cl/]|I<5(ICI + 1).
Corollaries 1 and 2, besides being of independent interest, provide generalizations of inequality (1.3). As is clear, (1.3) is a special case of Corollary 1 when v = 0, and to obtain (1.3) from Corollary 2, simply divide both sides of (1.7) by Kl and make \Ç\ -► oo .
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Lemmas
For the proof of our theorem, we will need the following lemmas. and Kl < 1.
The above lemma is due to Rahman and Schmeisser [5] .
If we apply the above lemma to the function e'TZf(~z), we will get 
